Abstract: Following the development of synthetic aperture radar (SAR), SAR images have become increasingly common. Many researchers have conducted large studies on geolocation models, but little work has been conducted on the available models for the geometric correction of SAR images of different terrain. To address the terrain issue, four different models were compared and are described in this paper: a rigorous range-doppler (RD) model, a rational polynomial coefficients (RPC) model, a revised polynomial (PM) model and an elevation derivation (EDM) model. The results of comparisons of the geolocation capabilities of the models show that a proper model for a SAR image of a specific terrain can be determined. A solution table was obtained to recommend a suitable model for users. Three TerraSAR-X images, two ALOS-PALSAR images and one Envisat-ASAR image were used for the experiment, including flat terrain and mountain terrain SAR images as well as two large area images. Geolocation accuracies of the models for different terrain SAR images were computed and analyzed. The comparisons of the models show that the RD model was accurate but was the least efficient; therefore, it is not the ideal model for real-time implementations. The RPC model is sufficiently accurate and efficient for the geometric correction of SAR images of flat terrain, whose precision is below 0.001 pixels. The EDM model is suitable for the geolocation of SAR images of mountainous terrain, and its precision can reach 0.007 pixels. Although the PM model does not produce results as precise as the other models, its efficiency is excellent and its potential should not be underestimated. With respect to the geometric correction of SAR images over large areas, the EDM model has higher accuracy under one pixel, whereas the RPC model consumes one third of the time of the EDM model.
Introduction
With the development of synthetic aperture radar (SAR), SAR images play an increasingly important role in military reconnaissance and national economies. Because a SAR image records the back-scattering performance of surface features influenced by system survey precision and terrain undulations, SAR imagery contains several types of geometric distortion that seriously restrict their application. To effectively use a SAR image, precise geolocation of image pixels is required and is also necessary for precise geometric correction during later image processing.
In 1982, Curlander first proposed the use of satellite ephemeris, echo time delay and Doppler data to derive the absolute location of a target, a method called the Range-Doppler (RD) algorithm [1, 2] . Some researchers then made improvements to the RD algorithm and analyzed the sources of location errors. A.
Earth model equation
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where´X t Y t Z t¯i s the target position vector, R e is the mean equatorial radius and R P " p1´f qR e is the polar radius, f is a flattening factor and h is the target height relative to the Earth model.
B. SAR Range Equation
The SAR range equation defines the distance from a sensor to a target. The slant range from the sensor to the pixel is defined by the equation:
Rpi, jq "ˇˇˇˇÑ P S pt ij q´Ñ P Tˇ" cτ 2
where i is the azimuth number, j is the range number, and t ij is the time that the radar beam center intersects the target.
Ñ P S and Ñ P T are the space and target position vectors, respectively, c is the light speed, and τ is the time delay.
C. SAR Doppler Equation
The SAR Doppler equation defining the plane of the centroid is given by
where λ is the radar wavelength, R is the sensor to target slant range, f d is the Doppler frequency associated with the return echo data, Ñ P S is the spacecraft position vector, Ñ P T is the target position vector, Ñ V S is the spacecraft velocity vector and Ñ V T is the target velocity vector. In terms of the model itself, the RD model is precise. The only errors inherent in this approach result from the deviation of the true geoid from the model and the uncertainty in the spacecraft ephemeris [1] . With the generation of more accurate spacecraft ephemeris data and maintaining careful controls on any variation in the delay of the pulse sampling window, the location accuracy could be improved [1, 2] . Therefore the RD model is the fundamental model and has optimum performance.
Rational Polynomial Coefficients Model
The rational polynomial coefficients model [5] uses the ratios of polynomials connecting target geographic coordinates´D Latitude , D Longitude , D Height¯w ith corresponding pixel coordinateś d sample , d line¯. To strengthen the stability of solution, coordinates need to be scaled between´1 and 1. For an image, the following expression [8] is defined: where 
Revised Polynomial Model
The polynomial approach is easy to implement for a transformation based on two planes without considering the influence of undulating terrain; its utility is restricted to flat terrain area SAR images. Furthermore, sufficient ground control points (GCPs) are needed to solve the equation. Its fundamental idea is that the distortion of a remote sensing picture is a result of the translation, zoom, rotation, affinity, twisting, winding and combinations of more basic deformations [15] . The orthorectification of SAR images is based on the transformation from an image plane px, yq to an earth plane pX, Yq. The third-order polynomial equation is given by:
where px, yq is the image coordinate of a pixel, pX, Yq is the geographic coordinate of the pixel and a i (i = 0,1,...,9), b i (i = 0,1,...,9) are the undetermined coefficients of the polynomial. The polynomial model is not suitable for the geometric correction of SAR images of mountainous terrain because its simple transform is based on two planes without consideration of the influence of undulating terrain. This paper aims to correct this defect by providing a revised polynomial (PM) model based on elevation, given by the following equation:
where pX, Yq is the image coordinate of a pixel, B, L and H are the latitude, longitude and height of pB, L, Hq, the geographic coordinate of the pixel and a i (i = 0,1,...,7), b i (i = 0,1,...,7) are the undetermined coefficients of the polynomial.
Elevation Derivation Model
The elevation derivation model determines the original image coordinates corresponding to the well-distributed geodetic coordinate grid points. The method only performs the Range-Doppler equation iterative solution on the sampled SAR grid points; the remaining pixels are directly calculated by polynomials, which remarkably reduces the number of iterations and enhances the efficiency [16] .
First, digital elevation modal (DEM) data related to the SAR image were coarse sampled at the intervals of kˆl along the latitude and longitude axes, using n height level (h i , i " 1, 2, ..., n), thus deriving n groups of new DEM data. Then, the n groups of coarse sampled DEM data were geolocated using the RD model, and the SAR image pixel positions (P Ti " pa Ti , r Ti q, i " 1, 2, ..., n) of the data were obtained. Two m-second (m < n) polynomials (p a T px s ,y s q phq and p r T px s ,y s q phq) with elevation h were then calculated at each pixel position px s , y s q of the coarse sampled DEM data. Then the polynomials p 1 a T px,yq phq and p 1 r T px,yq phq were calculated at each pixel position px, yq of the original DEM data by using bilinear interpolation on the above polynomials: 
Performance Prediction of the Models
Generally speaking, the model with a simpler configure can be more efficient, whereas the accuracy is lower and vice versa. The RD model consisting of a group of nonlinear equations describes the earth model, Doppler frequency variety and slant range calculation. Hence it is complicated and precise. The only errors inherent in this approach result from the deviation of the true geoid from the model and the uncertainty in the spacecraft ephemeris [1] . The RPC model with dozens of model parameters uses the ratios of polynomials to connect target geographic coordinates with corresponding pixel coordinates. However, once the parameters of the models are determined, it remains unchanged through the image processing. Therefore, the RPC model is not very adaptive. The PM model is similar to the simplification of the RPC model, so its accuracy can hardly exceed that of the RPC model. Nevertheless, the efficiency is improved significantly, which is a positive point. In the EDM model, the geographic coordinates of the coarse grid points were firstly calculated by the RD model, and then the relationship between the elevation of an image point and the two-dimensional geographic coordinates can be described by two polynomials, respectively. Finally, the polynomial coefficients of the geographic grid points were interpolated. It can be found that the polynomial coefficients of each point are different. Therefore, high-precision and fast geolocation can be achieved.
Experiment and Analysis

Experiment Data and Explanation
We used two groups of spaceborne SAR images to conduct the experiment. The first group data consists of two SAR images from TerraSAR-X and one image from Envisat-ASAR, named T1, T2 and E1 respectively. The T1 SAR image is of flat terrain ( Figure 1a ) and the T2 SAR image is of undulating terrain ( Figure 1b) . The geolocation results for the T1 and T2 SAR images are shown in Figures 2 and 3 respectively. The E1 SAR image dataset has a scene size of 103 kmˆ632 km, large coverage areas and complicated surfaces. Information details for the datasets are shown in Table 1 . There are also another three SAR images including one TerraSAR-X image and two ALOS-PALSAR images in the second group data, named T3, P1 and P2 respectively. The T3 SAR image is of flat terrain ( Figure 4a ) and the P1 SAR image (Figure 4b ) is of undulating terrain. The P2 SAR image dataset has a scene size of 414 kmˆ91 km, large coverage areas and complicated surfaces. Information and details for the datasets are shown in Table 2 . In addition, the use of different sensors has no effect on the results and the different sensors are only used due to data availability. dataset has a scene size of 414 km × 91 km, large coverage areas and complicated surfaces. Information and details for the datasets are shown in Table 2 . In addition, the use of different sensors has no effect on the results and the different sensors are only used due to data availability. Terrain classification categories of topographic are that the terrain classification is according to the slope and difference in elevation of the greater part of the image. When the difference in elevation is controversial with the slope, it is the slope that acts as the criterion [18] . The reference [19] shows that the optimal combination of classification indexes includes elevation, total accumulation curvature, variability of slope, hill shade, variance coefficient in elevation, contour line density, and range. The importance arrangement of classification indexes is: elevation > variance coefficient in elevation > contour line density > range > total accumulation curvature > variability of slope > hill shade. The terrain classification categories always include flat ground, hills, mountainous region and high mountain region. In this paper, the flat terrain means its altitude range is below 800 m and the difference in elevation less than 500 m as well as a slope less than 25°, and the altitudes range of mountainous terrain is always over 800 m and the difference in elevation greater than 500 m as well as a slope larger than 25°. The large scene was defined that the length of the scene size is over 100 km. The importance arrangement of classification indexes is: slope > 
Topography
Flat Mountainous Large Scene
The selection of the control points and check points was random based on the geometric correction image grid, in which the former is used for equation solution and the latter means the point where evaluation accuracy was determined. To evaluate the performance of the models, we calculated the maximum error and the root mean square error (RMSE) in azimuth and range directions and in the plane. Additionally, the computational run time was tested to quantify model efficiency. The comparison was made with the RD method, in which the RD data was thought the most accurate [9] .
Result of Experiment and Analysis of Performance
The Geometric Correction Results of SAR Images on Flat Terrain
The flat terrain SAR images (T1 and T3) before geometric correction are showed in Figure 1 Tables 4 and 5 show the geolocation accuracy of control points and check points of the two flat terrain SAR images, respectively. In the tables, RD represents the RD model, RPC represents the RPC model, PM represents the revised polynomial model and EDM represents the elevation derivation model. In the Table 5 , the geolocation results of T1 and T3 SAR images both showed that the precision and efficiency of RPC model are better than those of the EDM model for the geometric Terrain classification categories of topographic are that the terrain classification is according to the slope and difference in elevation of the greater part of the image. When the difference in elevation is controversial with the slope, it is the slope that acts as the criterion [18] . The reference [19] shows that the optimal combination of classification indexes includes elevation, total accumulation curvature, variability of slope, hill shade, variance coefficient in elevation, contour line density, and range. The importance arrangement of classification indexes is: elevation > variance coefficient in elevation > contour line density > range > total accumulation curvature > variability of slope > hill shade. The terrain classification categories always include flat ground, hills, mountainous region and high mountain region. In this paper, the flat terrain means its altitude range is below 800 m and the difference in elevation less than 500 m as well as a slope less than 25˝, and the altitudes range of mountainous terrain is always over 800 m and the difference in elevation greater than 500 m as well as a slope larger than 25˝. The large scene was defined that the length of the scene size is over 100 km. The importance arrangement of classification indexes is: slope > difference in elevation > elevation. The specification of terrain classification categories was shown in Table 3 . The selection of the control points and check points was random based on the geometric correction image grid, in which the former is used for equation solution and the latter means the point where evaluation accuracy was determined. To evaluate the performance of the models, we calculated the maximum error and the root mean square error (RMSE) in azimuth and range directions and in the plane. Additionally, the computational run time was tested to quantify model efficiency. The comparison was made with the RD method, in which the RD data was thought the most accurate [9] .
Result of Experiment and Analysis of Performance
The Geometric Correction Results of SAR Images on Flat Terrain
The flat terrain SAR images (T1 and T3) before geometric correction are showed in Figure 1 . The geolocation results for the four models are shown in Figures 2 and 3 . From Figures 2 and 3 , the geolocation results seems little different from each other, which illustrated that the models have the similar geometric correction results for SAR images on flat terrain. Tables 4 and 5 show the geolocation accuracy of control points and check points of the two flat terrain SAR images, respectively. In the tables, RD represents the RD model, RPC represents the RPC model, PM represents the revised polynomial model and EDM represents the elevation derivation model. In the Table 5 , the geolocation results of T1 and T3 SAR images both showed that the precision and efficiency of RPC model are better than those of the EDM model for the geometric correction of the flat terrain SAR images. The efficiency of RPC model is 2.88 times of the EDM model. The geolocation precision of the PM model is better than 1 pixel for both the azimuth and range, and at the same time, its consumed time is approximately 50% and 20% of the RPC model and EDM model respectively, which illustrates that the PM model has a good rectification capacity for flat terrain. 
The Geometric Correction Results of SAR Images on Mountain Terrain
The mountain terrain SAR images (T2 and P1) before geometric correction are shown in Figure 4 . The geometric correction results of the mountain terrain SAR images are shown in Figures 5 and 6 . In Figure 6b ,c, the difference between the geometric correction results of the RPC model and the PM model is clearly showed in the red rectangle. In addition, the difference between the RPC model and EDM model can hardly be distinguished, which can be further referred to the quantitative results. Both the RPC model and the EDM model have high precision and efficiency as seen in Ta and 7. However, the RPC model has higher efficiency and the EDM model has higher precision plane error RMSE of T2 image is 0.0124 pixels and the range error RMSE of T2 is 0.00945 pix the RPC model, while the plane error RMSE of T2 image is 0.00369 pixels and the range error R of T2 is 0.00395 pixels of the EDM model. The range error and plane error of the RPC mod obviously worse than the EDM model for the geometric correction of mountain terrain im However, the efficiency of the RPC model is nearly twice that of the EDM model. The PM m has the highest efficiency and the geolocation precision is the worst. Moreover, the azimuth lo accuracy is better for the PM model, but the range location accuracy is lower, confirming that th model cannot properly correct the location errors resulting from undulating terrain. Both the RPC model and the EDM model have high precision and efficiency as seen in Tables 6 and 7 . However, the RPC model has higher efficiency and the EDM model has higher precision. The plane error RMSE of T2 image is 0.0124 pixels and the range error RMSE of T2 is 0.00945 pixels of the RPC model, while the plane error RMSE of T2 image is 0.00369 pixels and the range error RMSE of T2 is 0.00395 pixels of the EDM model. The range error and plane error of the RPC model are obviously worse than the EDM model for the geometric correction of mountain terrain images. However, the efficiency of the RPC model is nearly twice that of the EDM model. The PM model has the highest efficiency and the geolocation precision is the worst. Moreover, the azimuth location accuracy is better for the PM model, but the range location accuracy is lower, confirming that the PM model cannot properly correct the location errors resulting from undulating terrain. 
The Geometric Correction Results of SAR Images of the Large Area
The correction results for the large scene SAR images are shown in Figures 7 and 8 , including results for the RPC model, PM model and EDM model. It can be seen that the location accuracy of the PM model decreases greatly for the rectification of the large SAR image, which can be confirmed from Figures 7c and 8c , in which the mountain skeleton is blurred, especially the part marked with red rectangle. The quantitative results are showed in Tables 8 and 9 . For the RPC model, the azimuth location accuracy is below one pixel, but the range location accuracy is far worse. In Table 9 , the plane error RMSE of the E1 image is 3.68 pixels and the plane error RMSE of P2 is 0.467 pixels of the RPC model, while the plane error RMSE of E1 image is 0.55 pixels and the plane error RMSE of P2 is 0.0384 pixels of the EDM model. The correction results for the EDM model can still maintain better accuracy and lower efficiency compared with the other two models. The efficiency of the RPC model even achieves three times that of the EDM model for the geometric correction of large scene SAR images. It is reasonable for the large scene to require more processing time. Therefore, the EDM model is suitable for the geometric correction of large SAR images when high geolocation precision is required.
is 0.0384 pixels of the EDM model. The correction results for the EDM model can still maintain better accuracy and lower efficiency compared with the other two models. The efficiency of the RPC model even achieves three times that of the EDM model for the geometric correction of large scene SAR images. It is reasonable for the large scene to require more processing time. Therefore, the EDM model is suitable for the geometric correction of large SAR images when high geolocation precision is required. 
Discussion and Solution Table
The following conclusions can be made: First, the primary reason for the plane location error is that the range location error is obviously higher than the azimuth for all models. Second, the PM model had the best efficiency; however, its accuracy was the worst. Although an error of only 0.03 pixels was produced on the flat terrain image, its maximum geolocation error reached 5.65 pixels on the mountain terrain image; the plane location error was more than 29 pixels, especially on the large scene image, which cannot meet the precision required for conventional applications. Third, the accuracies of the RPC model and the EDM model were better than that of the PM model whatever the maximum or mean square error; between them, the RPC model had higher efficiency, whereas the EDM model was more robust. When they were used for the mountain terrain and large scene images, the precision of the RPC model declined dramatically; the maximum error reached 36 pixels and the RMSE is 3.6 pixels for the large scene image; however, the plane location The following conclusions can be made: First, the primary reason for the plane location error is that the range location error is obviously higher than the azimuth for all models. Second, the PM model had the best efficiency; however, its accuracy was the worst. Although an error of only 0.03 pixels was produced on the flat terrain image, its maximum geolocation error reached 5.65 pixels on the mountain terrain image; the plane location error was more than 29 pixels, especially on the large scene image, which cannot meet the precision required for conventional applications. Third, the accuracies of the RPC model and the EDM model were better than that of the PM model whatever the maximum or mean square error; between them, the RPC model had higher efficiency, whereas the EDM model was more robust. When they were used for the mountain terrain and large scene images, the precision of the RPC model declined dramatically; the maximum error reached 36 pixels and the RMSE is 3.6 pixels for the large scene image; however, the plane location accuracy of the EDM model could still be better than 1 pixel.
Based on the above experiments, aiming at different terrain and large scene SAR images, a solution can be made to choose an optional model which can be fulfilled with the requirement of a user for the geometric correction of a spaceborne SAR image, shown in Table 10 . The "ˆ" means the model was not recommended due to having the lowest efficiency or the worst accuracy. "Recommended" means the model is recommended for its high precision and "Acceptable" means the model is available when its precision meets the demand of the user as well as its high efficiency. For example, in terms of the geometric correction of mountain terrain SAR image, if high precision is required, the EDM model is recommended. If the high precision is not required, the RPC model is acceptable. 
Conclusions
The RD model is the standardized method of geometric correction but is not suitable for real time applications because of large computing times. The PM model is efficient but is the least precise. It was valuable for the flat terrain SAR image rectification of the polynomial model, for which the maximum error was 0.19 pixels and the plane error was 0.02 pixels. Compared with the RD model, the RPC model and the EDM model lost some precision but their efficiencies were greatly improved. Therefore, the two models have higher value for engineering applications.
The EDM model has stable precision regardless of terrain variation. Compared with the EDM model, the location error of the RPC model was slightly higher on the mountain terrain area but was much lower on the flat terrain area because the EDM model could better rectify the location errors resulting from the terrain on the undulating terrain area. On the flat terrain area, because of the smaller location error caused by terrain, the RPC model can precisely describe the relationship between geographic position and image coordinates. The PM model has potential because of its high efficiency; future work should be conducted on correcting the influence of elevation.
Every model has its own characteristics with respect to algorithm precision, efficiency and robustness, and an appropriate model can be selected based on the application requirements and the features of the SAR image. Considering their comprehensive advantages with respect to precision, efficiency and robustness, we propose to use the EDM model or RPC model for conventional applications. When the topography is complicated or the image is too large, the EDM model is recommended. The PM model can be used for flat terrain areas where there is no requirement for high precision. The users can consult Table 10 before their choosing a model.
